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α΄. Let K be a number field, Ô the profinite completion
of its ring of integers, and TK =
∏
p Tp the closure
of the torsion subgroup of Ô∗, with Tp the torsion
subgroup of O∗p . Let w be the number of exceptional
roots of unity of K, as defined in page 26 of this
thesis. Then we have an isomorphism of profinite
groups TK ∼=
∏
n≥1 Z/nwZ, except in the case where
8|w and √−1 /∈ K. In this special case we have
TK ∼=
∏
n≥1(Z/2Z× Z/nwZ).
β΄. Let K be an imaginary quadratic number field, write
K̂ = Ô ⊗Z Q and suppose that the natural exact
sequence
1→ Ô∗/TK −→ K̂∗/(K∗ · TK) −→ ClK → 1
splits over a subgroup of ClK of odd prime order.
Then the absolute abelian Galois group of K is not
isomorphic to the universal group Ẑ2 ×∏n≥1 Z/nZ.
γ΄. Let T ′ be an open subgroup of
∏
n≥1 Z/nZ. Then T
′
is itself a profinite group isomorphic to
∏
n≥1 Z/nZ.
δ΄. For “almost all” elliptic curves E/Q, the adelic point
group of E is isomorphic to E = R/Z×Ẑ×∏∞n=1 Z/nZ.
ε΄. Based on my numerical experiments, I expect 100% of
all imaginary quadratic number fields having a class
group of prime order to have absolute abelian Galois
group isomorphic to Ẑ2 ×∏n≥1 Z/nZ.
z΄. Up to isomorphism, there are only finitely many pos-
sibilities for the isomorphism type of the point group
E(Qp) of an elliptic curve E defined over Q.
ζ΄. The number of exceptional roots of unity of a “generic”
number field equals 1.
η΄. Let K be a number field of degree m. Then for “al-
most all” elliptic curves E/K, the adelic point group
E(AK) of E is a topological group isomorphic to
(R/Z)m × Ẑm ×∏n≥1 Z/nZ.
θ΄. A mathematician without fantasy is like a philoso-
pher without wisdom.
ι΄. There are two kinds of mathematicians in kosmos;
those who follow the paths of others, and those who
define new ones.
ια΄. One and a half sprat cost one and a half drachmas.
Three sprats how much do they cost?
